As a generalization of regular rings, we introduce the notion, of m-regular rings, that is for all R a  , there is a fixed positive integer m such that m a is a Von-Neumann regular element. Some characterization and basic properties of these rings will be given.
1-Introduction
Throughout in this paper, R denotes an associative ring with identity. For a subset X of R, the right (left) annihilator of X in R is denoted by r(X) (l(X)). If X={a}, we usually abbreviate it to r(a) (l(a)). We write J(R), Y(R), Z(R), N(R), P(R) for the Jacobson radical, right singular ideal, left singular ideal, the set of all nilpotent element of R and the prime radical of R respectively. A right R-module M is called p-Injective, if for any principal right ideal aR of R and any right R-homomorphism of aR into M can be extended to one of R into M. The ring R is called right p-Injective if RR is p-Injective [12] . An ideal I of a ring R is said to be essential if and only if I has a non-zero intersection with every non-zero ideal of R. A ring R is called −  regular, if for each a in R , there exist a positive integer n and an element b in R such that n n n ba a a = [7] . A ring R is called reduced if
for all a in R [10] . A ring R is said to be reversible if 0 = ab implies 0 = ba for all a in R [3] . Finally a ring R is said to be right (left) duo if every right (left) ideal is a two-sided ideal of R [2] .
2-m -Regular ring
This section is devoted to give the definition of m-regular rings with some of its characterization and basic properties. A ring R is said to be Von-Neumann regular (or just regular) if and only if for each a in R there exists b in R such that a=aba [8] . . Thus R is m-regular. Conversely: It is clear.
Theorem 2.4:
If R is m-regular ring without zero divisor element, then R is a division ring.
Proof :
. Since R is m-regular ring, then there exists b in R such that Hence a is a left invertible. Now, since . Hence
, implies that a is a right invertible. Therefore R is a division ring. ■
Theorem 2.5:
If P is a primary ideal of a ring R , and if p R / is m-regular, then P is maximal.
Proof :
Let . Therefore m a p + has an inverse and hence is a division ring . Therefore P is maximal.
Theorem 2.6:
Let R be a ring with ( ) ( )
is m-regular ring, then for any . Therefore R is m-regular.
Recall that, a ring R is called bounded index of nilpotency [4] if there exists a positive integer n such that 0 = n a , for all nilpotent elements a in R. As a result of Theorem 2.6 we obtain the following corollary:
Corollary 2.7:
A ring R is m-regular if and only if R is bounded index of nilpotency and R/r(a) is m-regular for all R a  .
Theorem 2.8:
Let I be an ideal of R. If I R / is a right m-regular and I is a right n-regular. Then R is right mn-regular.
Proof :
Let
( ) ( ) ( )
. Since I is right n-regular ideal, then there exists
, implies that ( ) ( ) +  −  −  1   2  2  2  3  1  1   2  2  2  3  1   !  2  !  2   Therefore R is a right mn-regular .
Proposition 2.9:
Let R be a ring in which every maximal right ideal is m-regular. 
Proposition 2.10 :
Let R be m-regular ring, then ( ) R J is nilideal.
Proof:
Let . Since R is reduced. Therefore 0 = a .
Preposition 2.12 :
Let R be semi-prime m-regular ring. Then the Center of R is right and left mregular ring .
Proof :
Let 0 a  
Proof:
Let a be m-regular element in I, and let b be any element of the ideal (a) generated by a in R. Then we have . Therefore x=0.
3-The Relation between m-Regular Ring and Other Rings
In this section we give the relation between m-regular rings and regular rings, reduced rings, local rings , regular −  rings and uniform rings.
Proposition 3.1 :
Every reduced regular ring is left and right m-regular ring.
Proof :
Let R be a regular ring, and let , then there exists an element . This means that every right R-module is pinjective.
Lemma 3.4: [9]
If R is a right p-injective, then J( R) = Y( R).
Corollary 3.5:
Let R be m-regular ring. Then r(a) is essential in R for any a in R, if the set of non units elements is an ideal of R, with ( ) ( ) a r a r m  for a fixed positive integer 1  m .
Proof:
Let S be the set of non units element . Then S is contained in unique maximal ideal M by (p.158 in [11] ), that is; J(R) is a unique maximal left ideal of R. Hence R Ra  and ) (R J a  , and J(R) is m-regular ,that is J(R) is a right m-regular and hence by Proposition(3.3) R is p-injective module, which implies that J( R) =Y( R) by Lemma (3.4) 
, therefore r(a) is essential.
Recall that, a ring R is said to be uniform if all non zero-ideal of R is essential.
Recall that, a ring R is said to be local [6] if it has a unique maximal ideal. . That is R is right and left m-regular . Therefore R is m-regular.
